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Conjecture of Łukasiewicz (1952):

There is no consistent theory
strictly extending IPC closed under
modes ponens, substitution with

the disjunction property.
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∧n
i=1(Ai → Bi) →

∨n
i=1 Ai
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∧n
i=1(Ai → Bi) → Aj for some j ∈ {1, . . . , n}
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Aσ is derivable for each A ∈ S
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Bσ is derivable for some B ∈ T
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The de Jongh rules
axiomatize admissibility

in Gabbay–de Jongh logics.
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A → B
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Semantic Characterization
Goudsmit (2013)

Any extension of minimal logic with
the disjunction property

admits the nth de Jongh rule
iff

it has the nth extension property.
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Logical Characterization
Goudsmit and Iemhoff (2012)

The nth de Jongh rule
axiomatises admissibility

of the nth Gabbay—de Jongh logic.
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